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MATH 1105 Final Exam Fall 2024
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1. This test is 20 pages long. There are 15 questions for a total of 93 points. It is your
responsibility to check that you have a complete exam booklet. You have 180 minutes to
complete this test.

2. All questions must be answered in the space provided. Indicate your responses clearly, showing
all of your work.

3. If you require extra space for your answers, please use the extra pages before and after the
question pages. Clearly indicate in the original question and in your continued work that
you have continued your answer elsewhere.

4. Do not write on or mark the Crowdmark QR code at the top of each page. Doing so may
cause exam pages to not be marked. Do not unstaple the exam booklet.

5. No calculators or other electronic aides will be permitted.

Please check that this has the correct name of your instructor.

Shannon Ezzat
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You may use this space for scrap work or as extra space for your answer.

**Please Note: If you are using this page as extra space, then please specify the question number
below and indicate in the original question that you are continuing your answer here. Failure to do
this may result in this page not being marked.**
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[6] 1. (a) Draw a function f(z) which has the following properties

[u——y

dimy, 5+ f(z) = —o0.

lim f'(z) = 0 (Note the prime symbol here!)
T——

lim f(z) =0

z—1

lim f(z) =3

r—3

f3) =4

A

Ny

(b) Give an example of a function f(x) where Elzl f(x) =0and lim f(x)=0. (Do not

r—r+00
just draw a picture, give a formula)

/
]+ x*

Cx) =

(c) With the same function you choose in b), if possible, determine lim f(z). If it is not

z—0
possible, explain why not.

JL“Y] ‘7/&)? /lm B = |

K—0 Lo 1+x*
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2. Using the definition of the derivative, compute the derivative function of f(z) = . You do

%\

not receive any points for calculating the derivative by any other method.
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3.

(a) Consider the function f(x) = v/ — 50sin(z) on the interval [1@ 'bpb) use E‘)L)J

i. Is this a continuous function on the given interval? Justify.
ii. Does f(x) have a root inside the interval (1,3)? Justify.

iii. If the answer to the last question was yes, find an interval of length 1/2 that contains
the root.

l‘> %54&@@%ﬁ dcfd:cf—loa?lrg/;/

) WQ») = [—Sosin() & _ 3 oz o3 Codians ]
and ‘P(45=;‘2~Soam(4)«: 29
Heoee & a reot of £ ey o, vn (1,4)
e -Fca):u ~S°32 ) our oot @ in (3)4)_
Sine £e2.5) 9 19.4 J8a oot &0 in (3,%)
and oo inderval has lev:ﬁvte;

L:_E_-‘__—.:C
Z -3 7
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4. Find the equation of the tangent line of f(z) = arcsin(2z — 1) at = = 1.

)

—'4 r\ = ) ) TVins "F |
) = ’ (L) = ——
|- (2-1)" 3 J 2’> \) [- (1-1)°
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5. Find the derivative of the following functions. You do not need to simplify your answer:

(a) f(z) = va— 425 — 3+ La2

“‘PCL\:_L__,LDZ‘Q -3

(b) f(x) = 2° arctan(x)

‘fLV—‘) =

\-\-»L

2+ Dy tenc ey

(c) h(t) = cos(t)/(t* +1)

‘(\‘Ct) = — (430 Sinl) - 2+ o)
(5"
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6. Let f(x) = 2mx — 22 + sin(x). Show that f(x) has a point ¢ where f’(c) = 0.

7[)05 conk. avdd LAF2 on R Sinee /75« Somn
%/Dﬂé} and 7?\4'] fons.

7£)=o end (z;r)=@7r)z//2/7)l+£/h[2@
= O

80) (Q:L(a_tr JQmJUcua/uéfj’ a Cce€ éz»j

NS r
7[7(0) = O.
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7. Find § by implicit differentiation.

sin(xy) = cos(z + y)

c‘(ﬂ&r@w}u‘%j c'Mﬁ:)lt'ci*FbJ
(uy xé‘) @3@59 - ( Ha ‘>$m (xg)

S \
© )ca @5&%) + 5(8&M~p€j\= -aws%} ~'s|‘6\bc+a>

5 ! = — (8 CO&CXa) +SMC¥+6/)

xcos.c%) + Binlery)

U@ezsh
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(5] s.

Nl V/

(a) Ship A is 4 miles directly south of Hawaii and is sailing south at a constant speed of 2
miles/hour. Ship B is 3 miles directly east of Hawaii and is sailing west at a constant

d of 1 mile/hour. At what rate is the distance between the ships changing? Assume

if;viaii is a single point.
Pt B—s AWy, £ —
(o) .‘ e
+ y 4
Il / (M8)
) o o
. //
A y 4 ’
v 1 T
2] Jet A have Poahom ( O, 3¢+)) @nd
B posihon (£t o) ot hime t

Lot S'C*B:_Q)E‘C-}): /. JL""”")

/(C"' \] 2 2 / 1 I
)= & +E —"ﬂf‘f)z SS+EE =_93:+f

\, %2-“ E-z \(32451

8o, wlhen $=—4)E=3) /Qlef): R+2 = L

o a

(b) BONUS: If the situation in part (a) occurs at 12:00PM, at what time will the distance
between the ships be increasing at a rate of 2 miles/hour?

e — 28+ E = QSS%:EZ
/e %{/—/&E-FE = y({wgz
je. BE*+Y3E = 0O

/-e. BE =-45

what ate E and 3?2 Radfon o Beod

\ f; (3*’5/°)J A [_Or#—zvt)
oUrs 62/7@ I2 . So) E=8H:/ S = -y
do  RE =-4Y s

7-JL T+3% = It — St=-7 Page 10 of 20
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9. (a) Find the following limits. If you wish to use I’'Hopital’s rule, explain why you are allowed
to use it in this situation.

o oxt =222 41 o .
b a%l—>ml 3 —1 ‘:’53 ) So LA j H(/)\P”w_

= ‘;M %xq’—qx = -4 J

=

.. T+l
pimte L) e L T g

\/CN\ \ = O
)C_")oo 6)[

i, lim (14 3z)* ( \"“)

&ﬁiﬂb L= )&\_;Y; CH.SA /
\V\'C v 3¢
L) = K\J’w; ’n(,\+ 3 \'/ J
) zj{a% 1% 3 _
o lnCL)—)Lk —— = 3.
SO) L = eg_
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10. (a) Evaluate each of the following.
L[ (@284 1) da
784

= _ X
9 + X + C
= 3\
3

_ 3y

ii. [ (sin(z) 4 sec?(z)) da

\l

en 2
iii. [we® dx

%(jn/& u(

— CODCR) + Mz) + C

Set v=x? Jlew du=2=dy

@md.gb b.Lo[u:)(dX
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11. Let f(x) = (x — 1)e®, and let £ (x) be the nth derivative of f(z).
(a) Identify a pattern in the nth derivatives of f(z) to find f(29(z).

|
{ioy= Xt (-nne*
(g
N = et ef+(x-)er= ae”v(x-nye ¥

ul

&\ = §€%+€/x+ Ce-deX = Re™s Ce-)e”

n

(
¥ 3?)" ne’+ (x-1)e”
Do 29) Xt Ce-ne” 1%
) (=) < Qo€+ "’)(? by (x_,_/a)@ -

(b) TIs it always true that for any f(")(x) there is a z € R such that f(")(z) = 0? Justify your

answer.

aa' J’f ‘PnC)J): ne’s (x-JeXz o
Hom Nt x-1 =0 SNIK% X = |-N

(c) Write down any function g(z) where ¢ (z) = 0 for all n > 4 but ¢©®(z) # 0; that is,
g®)(z) is not the zero function.

3
8&)= X
5‘&) = 3t
j IZX) Séj( SO )

j'ﬂ _ 6

& op vor cacolide k //

®
(g
|

Qaq
—>
o
|\
\!
Q
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12. Strontium-90 has a half-life of 28 days.

(a) A sample has a mass of 50 mg initially. Give a formula for the mass remaining after ¢
days. You need not evaluate any expression that requires a calculator. (Hint: the general
form of the equation is m(t) = m(0)e** where k is a constant you must find).

bt

M) = soe
Sinte 'E\é: ZJ"}“///Z> e 7[/)/10/
= 1 hYy = _1_ A
¢ o n®) - b

En(4
&, i) = soe’ )

(b) How long does it take the sample to decay to a mass of 2mg? You need not evaluate any
expression that requires a calculator.

me)=2 if

_i?:)ni‘@
5062? - 5

—

/e t= 28 g
: /r)Z'/L> " < >

:t_j [ 30 5/?2

OC Near 464 I/Z——)f've&.
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13. Determine the absolute maximum and minimum values of the function below on the given

interval.

2
zc+x+1
) = z2+1

, for 0<z<2.

[
"Péx) = <Qx+:>[x 20 ) — 2x (x% x 4 ,)
()

_ 2
= xZ - Ax
/

(i)™

:_’/jl _,__O;,[)Xsi'l

°-ch>3=l) -P&): + Foy = ,i_

=
Mo tedreme ’Wvg'”—vg”'}

/ I abs max Sh oat X=)
n zbs. min | afF X=06

< (
.
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14. A farmer wants to fence in a rectangular plot of land adjacent to the north wall of his barn.
No fencing is needed along the barn. The fencing costs $20 per linear foot to install, and the
fencing along the west side of the plot is shared with a neighbour who will split the cost of that
portion of the fence.

(a) Draw a diagram illustrating the situation. Label the relevant sides.

e Reen)
N&d&

X X ey

3 2%/ py

(b) If the farmer has a budget of $5000, find an equation that relates the farmer’s budget to
the side lengths of the fenced in area. Use the same variables as you chose in part (a).

CQS%’ s

CC%\*B\ = JOX +20%x% +203 = 30X +2cj = fouo

[ 2. ‘6= Soco—&w.

20

(c) Find the dimensions for the plot that would enclose the most area and use the farmer’s
budget.

A(@—'a A—: . =

A= X J 7);— (\8-000—30;) ) Xe [g f%c—]

\ 3. -

o A ‘z‘;(&m—&:x> - 22 x
Zo

-—

250 — 3x =0 if x= 250

=
erd o ginwe Alyeo - A[%) JC.
3s )
N2 e an ébﬁ'/éod Lo QC[Lf-eV@[ Y%

></—: 250 Page 16 of 20
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2 1 2 2 —4 6
15. Let f(z) = 1—;4—?. Note that f'(z) = R and f"(x) = St

—1\?
(a) Show that f(z) can also be expressed as f(x) = (x ) :

X

7/[13 = xt_ 9
X1 2 Z = _ N\t
X X —Z (x () _ oy
' s

(b) Determine all vertical and horizontal asymptotes of the graph of f(z).

Vehal: x= o
Ao/DMaQ-' O““] L+ )\'m 7[6)()=_’1_

X2+ 00

(c) Calculate all critical and singular points of f.

/
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(d) Determine the intervals where f(x) is increasing and where it is decreasing and the coor-
dinates of any local minima or maxima.

cJ(\\er\m-Q%" C"‘"’,") v (01\)\/ Clyoe)
C-=0) * Pyyo 7

(o) * Prn) <o s
C‘l“’) : 7[.{2)30 7"

(e) Calculate all points of inflection of f.

1] /
() = 2(_L_L

(f) Determine the intervals where f(z) is concave up and where it is concave down and the
coordinates of any inflection points.

(“"0,0> : //);-;) S0 U
(o)_L/L> . _}’71/{\> 55 u

[3/2)6\> | ’ffz)CC) Q
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(D) =19
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(g) Sketch the graph of f(z) in the coordinate system below, indicating any asymptotes, local

{
l
!
A

extrema, and inflections points.

\

/

/

/
/

v/
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You may use this space for scrap work or as extra space for your answer.

**Please Note: If you are using this page as extra space, then please specify the question number
below and indicate in the original question that you are continuing your answer here. Failure to do
this may result in this page not being marked.**
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